Let D = {z ∈ C, |z| < 1} and A(p) be the set of meromorphic functions in D possessing only simple pole at the point p with p ∈ (0 , 1). The aim of this paper is to give a criterion by mean of conditions on the parameters α, β ∈ C, λ > 0 and ∈ A(p) for functions in the class denoted P α,β ;h (p ; λ) of functions f ∈ A(p) satisfying a differential Inequality of the form
Introduction
Let M be the set of meromorphic functions in the region ∆ = {ζ ∈ C, |ζ| > 1} ∪ {∞} with the following Laurent development
(1.1)
Let Σ be the subset of M consisting of univalent functions. A is the set of analytic functions f in the unit disc D normalized by the conditions f (0) = f (0) − 1 = 0. The subset of A consisting of univalent functions is denoted by S. If f ∈ A, then the function F defined by
belongs to M and f is univalent in D if and only if F is univalent in ∆. In [1] , Aksentév proved that a function F in M is univalent if its derivative F satisfies the differential Inequality:
If F and f are as in (1.2) then the condition (1.3) is equivalent to
(1.4)
Hence, by virtue of the Aksentve criterion, a criterion for a function f ∈ A with f (z) z 0 for |z| < 1 to be univalent is stated as follows:
Ozaki and Nunokawa proved in [11] , without using the theorem of Aksentév, that functions in A satisfying (1.4) are univalent. For λ ∈ (0 , 1], let U(λ) be the subclass of U = U(1) defined by
The classes U(λ) have been extensively studied by many authors and the results obtained cover a wide range of properties (starlikeness, convexity, coefficients properties, radius properties, etc.). For more details on this subjects see [4] - [8] and references therein. In their article [7] , Obradović and Ponnusamy considered the subclass P α,β; (λ) of functions f in A such that f (z) z 0 for z ∈ D and satisfying the differential inequality
where α 0, β are given complex numbers and is a given function in A with (z) z 0 in D. One of their main results was the following theorem:
In particular, we have
Let p ∈ (0 , 1) and A(p) be the set of meromorphic functions in D normalized by f (0) = f (0) − 1 = 0 and possessing only simple pole at the point p. Each function f in A(p) has a Laurent expansion of the form
where m is the residue of f at p (m 0). Our investigations will concern functions in A(p) satisfying the condition
In a recent paper [2] , Bhowmik and Parveen introduced, for 0 < λ ≤ 1, a meromorphic analogue of the class U(λ), namely the class U p (λ) consisting of functions f in A(p) satisfying
They obtained some results for the class U p (λ), in particular they proved the following theorem :
Note that Ponnusamy and Wirths have proved by elegant method (Theorem 2, [12] ), that functions in U p (λ) are univalent on the closure of the disc D.
The main object of the present paper is to give, for the class A(p), an analog result to the Theorem 1.1 obtained for the class A.
Main Results
We start by some "round trip" results between the classes A(p) and A.
0 in D and −c be an omitted value by f . Let be defined by
.
(2.1)
Then ∈ A and we have
and
Proof. Since f is holomorphic in D \ {p}, is also holomorphic in D \ {p}. It is easy to check that (0) = (0) − 1 = 0. For the value of (p), we have
To conclude that ∈ A, we have to prove that (p) exists. We have, by (2.1, that
Thus (p) exists and its value gives (2.2). Now, taking (2.2) in the expression of U , we get
To prove (2.4), we have by a little calculation ∈ (0 , 1) and ∈ A such that (p) 0 and (z) − (p) has no zero in D \ {p}. We suppose also that satisfies the following condition
Then, the function f defined by
belongs to A(p) and satisfies (1.11) . If in addition is univalent, then f is also univalent.
Proof. It is obvious that f is holomorphic in D \ {p} and that f (p) = ∞. We get by a simple calculation
From (2.6) we have (p) 0. Hence the limit above shows that f has a simple pole with residue m = − 2 (p) (p) at the point p. By the condition (2.6) we have 1 − p 2 2 (p) (p) < 1 and hence f satisfies the condition (1.11).
It is easy to verify that f is univalent if is univalent. and
where α 0, β are given complex numbers and h is a given function in A(p) with h(z) z 0 in D. We observe that P 1,0 ;h (p ; λ) doesn't depend on the function h and thus will be simply noted P(p ; λ). The particular case where λ = 2 has been considered by Bhowmik and Parveen in [3] .
We need the following Lemma:
Proof. Let −c be an omitted value for f and let = c f c + f . As seen above we have
and hence ∈ U(λµ). Since λµ < 1, belongs to U(1) and thus it is univalent. This implies that f is univalent.
If f ∈ P α,β;h (p; 2 λ |α| − 2 K |β| µ ), then f ∈ U p (λ). If in addition λ < µ −1 , the function f is univalent in the disc D. In particular, we have
Proof. Let f ∈ P α,β;h (p ; 2 λ |α| − 2 K 
